Abstract: Vehicle models whose propulsion system is based on electric motors are increasing in number within the automobile industry. They will soon become a reliable alternative to vehicles with conventional propulsion systems. The main advantages of this type of vehicles are the non-emission of polluting gases and noise and the effectiveness of electric motors compared to combustion engines. Some of the disadvantages that electric vehicle manufacturers still have to solve are their low autonomy due to inefficient energy storage systems, vehicle cost, which is still too high, and reducing the recharging time. Current regenerative systems in motorcycles are designed with a low fixed maximum regeneration rate in order not to cause the rear wheel to slip when braking with the regenerative brake no matter what the road condition is. These types of systems do not make use of all the available regeneration power, since more importance is placed on safety when braking. An optimized regenerative braking strategy for two-wheeled vehicles is described is this work. This system is designed to recover the maximum energy in braking processes while maintaining the vehicle's stability. In order to develop the previously described regenerative control, tyre forces, vehicle speed and road adhesion are obtained by means of an estimation algorithm. A based-on-fuzzy-logic algorithm is programmed to carry out an optimized control with this information. This system recuperates maximum braking power without compromising the rear wheel slip and safety. Simulations show that the system optimizes energy regeneration on every surface compared to a constant regeneration strategy.
Introduction
A large number of countries are adopting policies to increase the number of electric vehicles in their fleets. The aim of these policies is to improve air quality by reducing pollutant emissions, especially in urban areas [1] . In this environment, the relationship between braking time and the vehicle moving time is very high. This indicates that there is a large amount of energy wasted as heat. This wasted kinetic energy can be recovered in electric vehicles by means of a regenerative braking system [2] [3] [4] . In large cities, with frequent stops and intersections, the energy dissipated in braking can reach 34% of total traction energy [3] . In traditional vehicles, that energy is wasted as heat through the brake friction. For this reason, regeneration or energy recovery systems are being widely used in electric vehicles.
Electric vehicles have the ability to easily implement traction and/or braking control systems on the drive wheels. Since the motor is already part of the system, it is only necessary to implement a minimum of software and hardware to control that torque in the wheel. The great advantage is that electric motors can also be used as power generators. When a positive torque is required, the motor consumes battery power and when a negative torque is applied, motor power is delivered to the batteries. Nowadays, traction and braking controls are widely implemented in vehicles, with the aim of reducing braking distance or providing better manoeuvrability in emergency situations. Some of these systems are the Antilock Brake System (ABS) or the Traction Control System (TCS). These systems have evolved from their origin, using increasingly sophisticated algorithms and complex control architectures. Fuzzy logic [5, 6] , sliding control [7] [8] [9] , control by artificial neural networks [10, 11] and nonlinear control [12, 13] are examples of the most used control methods. These systems try to optimize the longitudinal and lateral force in the tire, obtaining the maximum available force in the wheel-road contact during braking and traction processes.
At present, regeneration systems in commercial electric vehicles do not take advantage of the characteristics mentioned above. A maximum level of regeneration is fixed for safety or battery capacity reasons. Therefore, they do not take advantage of the maximum available longitudinal force in tire-road contact. This way, these systems do not get the highest possible regenerated energy.
In addition, most of the research on regeneration systems has focused on four-wheeled vehicles, although some authors have addressed this issue for two-wheeled vehicles. Most of them only deal with the electrical part of the system and do not take into account vehicle-road interaction [14] [15] [16] [17] . Robinson and Singh [18] developed a control technique that applies a braking torque to the rear wheel, regenerating that braking energy from the rear wheel to the battery system. Moreover, the system controls the slip to prevent the locking of the rear wheel during braking. Lin et al. [19] studied an ABS braking control for electric scooters based on regenerative braking.
In this work the design of a regenerative braking system for electric motorcycles is carried out using control and estimation of the road adherence algorithms. The system recovers the maximum energy during the braking process with the rear wheel of the motorcycle, always guaranteeing the safety of the rider thanks to the incorporation of a wheel slip control system. As we have mentioned, both energy saving and safety are fundamental subjects of study in vehicles. The system proposed here aims to improve the safety of electric vehicles as well as save energy in a novel way. It makes use of a fuzzy control that estimates the road adhesion and determines the optimal regenerative braking torque without causing the wheel to slip. The proposed system will reduce the use of the traditional rear friction brake depending on road conditions thanks to the high braking torque that can be achieved with the electric motor.
This article begins with the description of the dynamic model of the electric motor used for simulation in Section 2. The method to estimate the speed of the vehicle as well as the detection of the type of road is included in Section 3. The regenerative control system is described in Section 4. The performance of the whole system is verified through simulations included in Section 5. Finally, the conclusions are presented in Section 6.
Electric Motor Model
Modelling of the electric motor is required to know the torque on the rear wheel. The model is used in the simulations of the regeneration system.
Our prototype motorcycle has a Permanent Magnet Alternate Current (PMAC) motor, which is powered by a controller. This controller is also powered from the battery system. The battery system is able to absorb the energy recovered during the regeneration. In our case, the maximum current regenerated by the system is limited to 150 A to prevent heating of the batteries. The maximum torque that can be applied is 80 Nm. The curve relating the torque to the angular speed of rotation of the motor is shown in Figure 1 . These curves have been obtained by means of a dynamometric test by varying the angular speed of the motor and the position of the accelerator. As shown in Figure 1 , a negative torque that brakes the vehicle is applied to the rear wheel of the motorcycle when the motor is in regeneration mode. As it can be seen, the curves are proportional to the Throttle or Regeneration Rate (TR). In this paper, TR = [−1, 1], where −1 means 100% regeneration and 1 means 100% acceleration. Previous curves have been modelled using a Look-up table. The rear wheel torque is obtained by means of the following expression:
where T is the torque on the rear wheel, is the transmission ratio between the motor and the rear wheel, ωm is the angular speed of the motor, TR is the Throttle or Regeneration rate and f(•) is the adjustment function of the look-up table.
The controller installed on the electric motorcycle has been modelled using a step input ( Figure  2 ). The response is approximated to a second order system according to the expression shown in the figure. The actual responses of the motor have been compared to the programmed model. Two step inputs have been used. The results are shown in Figure 3 . As it can be seen, the model response matches with measured one appropriately. As it can be seen, the curves are proportional to the Throttle or Regeneration Rate (TR). In this paper, TR = [−1, 1], where −1 means 100% regeneration and 1 means 100% acceleration. Previous curves have been modelled using a Look-up table. The rear wheel torque is obtained by means of the following expression:
where T is the torque on the rear wheel, ϕ is the transmission ratio between the motor and the rear wheel, ω m is the angular speed of the motor, TR is the Throttle or Regeneration rate and f (·) is the adjustment function of the look-up table.
The controller installed on the electric motorcycle has been modelled using a step input ( Figure 2 ). The response is approximated to a second order system according to the expression shown in the figure. As it can be seen, the curves are proportional to the Throttle or Regeneration Rate (TR). In this paper, TR = [−1, 1], where −1 means 100% regeneration and 1 means 100% acceleration. Previous curves have been modelled using a Look-up table. The rear wheel torque is obtained by means of the following expression:
The controller installed on the electric motorcycle has been modelled using a step input ( Figure  2 ). The response is approximated to a second order system according to the expression shown in the figure. The actual responses of the motor have been compared to the programmed model. Two step inputs have been used. The results are shown in Figure 3 . As it can be seen, the model response matches with measured one appropriately. The actual responses of the motor have been compared to the programmed model. Two step inputs have been used. The results are shown in Figure 3 . As it can be seen, the model response matches with measured one appropriately. As it can be seen, the curves are proportional to the Throttle or Regeneration Rate (TR). In this paper, TR = [−1, 1], where −1 means 100% regeneration and 1 means 100% acceleration. Previous curves have been modelled using a Look-up table. The rear wheel torque is obtained by means of the following expression:
The controller installed on the electric motorcycle has been modelled using a step input ( Figure  2 ). The response is approximated to a second order system according to the expression shown in the figure. The actual responses of the motor have been compared to the programmed model. Two step inputs have been used. The results are shown in Figure 3 . As it can be seen, the model response matches with measured one appropriately. 
Estimation of Road Type and Vehicle Parameters
The slip on each of the wheels is used to determine the road type. The slip is defined with the following equation in the case of braking:
where ω is the angular velocity of the wheel, r the radius of the tire and v x the longitudinal velocity of the vehicle. An Extended Kalman Filter (EKF) [5] based on a model that simulates the straight line behavior of the motorcycle is used in order to determine the speed of the vehicle. This model is described next.
In Figure 4 the basic geometry of a motorcycle is represented schematically. The equations that govern the dynamics of the vehicle are:
The equations defining the front and rear suspensions can be simplified as:
The parameters and variables used in this model are shown in Table 1 .
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where ω is the angular velocity of the wheel, r the radius of the tire and vx the longitudinal velocity of the vehicle. An Extended Kalman Filter (EKF) [5] based on a model that simulates the straight line behavior of the motorcycle is used in order to determine the speed of the vehicle. This model is described next.
θ  The control model to be used in this work is shown in Figure 5 . The control model to be used in this work is shown in Figure 5 . As it can be seen, the regeneration control block (4) has the optimum slip (sopt) as input. Optimum slip is defined as the slip value that produces the maximum longitudinal force during braking or traction. This is the desired slip for the motorcycle to have the highest regeneration rate. In addition, control block 4 also has the current slip (s) on the rear wheel of the motorcycle as input. The output of this block is the throttle or regeneration rate. In our case, this rate is an input to the motor of the motorcycle.
A parameter estimation algorithm is needed to obtain the inputs to the regeneration control, since these cannot be measured with sensors in the vehicle. This is carried out in blocks (2) and (3) of Figure 5 .
The linear speed of the motorcycle, the longitudinal force and the coefficient of friction in the rear wheel are estimated first. To this end, an Extended Kalman filter as proposed in [5] is used.
The EKF is defined according to the following equations:
where wk and vk represent the noise of the model and the measures respectively, xk is the state vector and jk is the measurement vector. The state vector is:
and the measurement vector is: As it can be seen, the regeneration control block (4) has the optimum slip (sopt) as input. Optimum slip is defined as the slip value that produces the maximum longitudinal force during braking or traction. This is the desired slip for the motorcycle to have the highest regeneration rate. In addition, control block 4 also has the current slip (s) on the rear wheel of the motorcycle as input. The output of this block is the throttle or regeneration rate. In our case, this rate is an input to the motor of the motorcycle.
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where w k and v k represent the noise of the model and the measures respectively, x k is the state vector and j k is the measurement vector. The state vector is:
and the measurement vector is:
A first order random walk is used to estimate the longitudinal and vertical forces. Therefore, the model equations are included next:
Finally, the measurement equations are the following:
..
The EKF algorithm estimates the longitudinal and vertical forces and the longitudinal speed of the motorcycle in addition to the rear wheel torque with the equations developed above.
An estimate of the slip and the coefficient of friction can be made according to the following equations: Figure 6 shows, by way of example, a simulation performed with BikeSim ® (Ann Arbor, MI, USA) where the parameters necessary for the determination of the slip and the coefficient of adhesion are estimated. The test consists of the following sections: 40 m of high adhesion surface, 40 m of low adhesion surface and a third section with high adhesion again. The initial speed is 120 km/h. In these simulations the signal from the sensors has been altered with zero-mean random noise. A subscript "k" in the legend indicates that it is an estimated magnitude. The parameters estimated by means of the EKF fit quite accurately to the values provided by the simulation software. It can be verified that the speed (v x ), front vertical force (F zf ), rear vertical force (F zr ), rear traction force (F t ) and brake torque (T) are estimated correctly. adhesion surface and a third section with high adhesion again. The initial speed is 120 km/h. In these simulations the signal from the sensors has been altered with zero-mean random noise. A subscript "k" in the legend indicates that it is an estimated magnitude. The parameters estimated by means of the EKF fit quite accurately to the values provided by the simulation software. It can be verified that the speed (vx), front vertical force (Fzf), rear vertical force (Fzr), rear traction force (Ft) and brake torque (T) are estimated correctly. Finally, the following figure shows the results obtained in a real test carried out with the vehicle described in Appendix A. This estimation algorithm verification test was performed with a 20% constant regeneration rate. Figure 7 includes the actual speed (v x ), measured by a high frequency Global Positioning System-based speed sensors and the measured brake torque. It can be seen that the speed is perfectly estimated. The brake torque is also correctly estimated except in the final part of the test, where a higher error is observed. Finally, the following figure shows the results obtained in a real test carried out with the vehicle described in Appendix A. This estimation algorithm verification test was performed with a 20% constant regeneration rate. Figure 7 includes the actual speed (vx), measured by a high frequency Global Positioning System-based speed sensors and the measured brake torque. It can be seen that the speed is perfectly estimated. The brake torque is also correctly estimated except in the final part of the test, where a higher error is observed. These values are used to determine the road type and to obtain the optimal slip, as shown in Figure 8 . A control based on fuzzy logic is programmed to estimate the road type. The ouput of this block is an index called Road Condition Index (RCI), related to the adherence of the road. Finally, the optimal slip is obtained through a Neural Network. The road type estimation block has the slip (s), the longitudinal coefficient of friction (μ) and the variation of the longitudinal coefficient with respect to the slip (dμ/ds) as input. It produces an output value indicating the type of road on which the vehicle circulates. This value is within the range (0-1.2), where 1.2 represents a road with the highest coefficient of adhesion and 0 represents the lowest one.
The input and output variables have been fuzzyfied by means of the membership functions These values are used to determine the road type and to obtain the optimal slip, as shown in Figure 8 . A control based on fuzzy logic is programmed to estimate the road type. The ouput of this block is an index called Road Condition Index (RCI), related to the adherence of the road. Finally, the optimal slip is obtained through a Neural Network. Finally, the following figure shows the results obtained in a real test carried out with the vehicle described in Appendix A. This estimation algorithm verification test was performed with a 20% constant regeneration rate. Figure 7 includes the actual speed (vx), measured by a high frequency Global Positioning System-based speed sensors and the measured brake torque. It can be seen that the speed is perfectly estimated. The brake torque is also correctly estimated except in the final part of the test, where a higher error is observed. These values are used to determine the road type and to obtain the optimal slip, as shown in Figure 8 . A control based on fuzzy logic is programmed to estimate the road type. The ouput of this block is an index called Road Condition Index (RCI), related to the adherence of the road. Finally, the optimal slip is obtained through a Neural Network. The road type estimation block has the slip (s), the longitudinal coefficient of friction (μ) and the variation of the longitudinal coefficient with respect to the slip (dμ/ds) as input. It produces an output value indicating the type of road on which the vehicle circulates. This value is within the range (0-1.2), where 1.2 represents a road with the highest coefficient of adhesion and 0 represents the lowest one.
The input and output variables have been fuzzyfied by means of the membership functions The road type estimation block has the slip (s), the longitudinal coefficient of friction (µ) and the variation of the longitudinal coefficient with respect to the slip (dµ/ds) as input. It produces an output value indicating the type of road on which the vehicle circulates. This value is within the range (0-1.2), where 1.2 represents a road with the highest coefficient of adhesion and 0 represents the lowest one.
The input and output variables have been fuzzyfied by means of the membership functions indicated in Figure 9 . In addition, the rules defined for the fuzzy control are presented in Table 2 . Finally, as shown in Figure 8 , once the road type has been obtained by the RCI index, the optimum slip is calculated. In this work, the optimum slip has been estimated by means of a trained neural network using the Burkhardt model [20] . The network has the RCI index, obtained from the fuzzy block, and the wheel slip angle as inputs. The net provides the optimum slip for each surface from these inputs. In our case, the slip angle has been taken as null. Finally, as shown in Figure 8 , once the road type has been obtained by the RCI index, the optimum slip is calculated. In this work, the optimum slip has been estimated by means of a trained neural network using the Burkhardt model [20] . The network has the RCI index, obtained from the fuzzy block, and the wheel slip angle as inputs. The net provides the optimum slip for each surface from these inputs. In our case, the slip angle has been taken as null. 
Regenerative Control
The last step in the control scheme is to obtain the level of regeneration that is desired in order to obtain the maximum energy recovered in the braking processes. To this end, a control based on fuzzy logic has been developed ( Figure 10 ). This fuzzy block has the slip error and the variation of the error in time as inputs, which are defined as:
As it can be seen, the slip error is defined as the difference between the optimal slip and the actual slip at each instant of time. Once the error and the error variation have been calculated, the percentage of regeneration to be applied according to the next block is obtained. The output variable of the fuzzy block, called ∆, is a multiplying factor of the regeneration rate established in the previous time interval. Thus, the rate at time t is obtained from: 
As it can be seen, the slip error is defined as the difference between the optimal slip and the actual slip at each instant of time. Once the error and the error variation have been calculated, the percentage of regeneration to be applied according to the next block is obtained. The output variable of the fuzzy block, called Δ, is a multiplying factor of the regeneration rate established in the previous time interval. Thus, the rate at time t is obtained from:
The regeneration rate can never be less than a certain minimum value. This is so because if a null value were reached at an instant of time, the system would not be able to raise the rate again. On the other hand, the rate can never exceed a maximum value. This maximum value is imposed by the maximum bearable charge current of the battery system. 
Simulations
The vehicle dynamics simulation software BikeSim ® was used for this purpose. Simulations were carried out on Simulink ® (Natick, MA, USA), using BikeSim ® as S-function. BikeSim ® was incorporated to the model to simulate vehicle behaviour. The model has the outputs from the control system as inputs and provided the measures obtained in the vehicle. These simulations allow The regeneration rate can never be less than a certain minimum value. This is so because if a null value were reached at an instant of time, the system would not be able to raise the rate again. On the other hand, the rate can never exceed a maximum value. This maximum value is imposed by the maximum bearable charge current of the battery system.
The vehicle dynamics simulation software BikeSim ® was used for this purpose. Simulations were carried out on Simulink ® (Natick, MA, USA), using BikeSim ® as S-function. BikeSim ® was incorporated to the model to simulate vehicle behaviour. The model has the outputs from the control system as inputs and provided the measures obtained in the vehicle. These simulations allow evaluating the potential and feasibility of the proposed regeneration algorithm. Table 3 shows the main characteristics of the vehicle used in the simulations. 
Low Adhesion Condition Simulation
In the first place, a transition between a low adhesion and a very low adhesion surface has been simulated. The test begins at the low adhesion surface. After 20 m the surface is changed to a very low adhesion surface. The initial speed is 60 km/h. The test ends when the motorcycle reaches 20 km/h. Maximum regeneration has been limited to 50%. This rate of regeneration corresponds to an intensity of 148 A, less than 150 A of the maximum charge current recommended by the battery manufacturer.
In Figure 11a , the output provided by the road estimation algorithm and the neural network can be observed. The system is able to detect the change of surface and adapt the optimum slip to the new conditions. Energies 2017, 10, 1648 10 of 16 Table 3 . Motorcycle model parameters. 
Description Value

Low Adhesion Condition Simulation
In Figure 11a , the output provided by the road estimation algorithm and the neural network can be observed. The system is able to detect the change of surface and adapt the optimum slip to the new conditions.
The output of the fuzzy block that provides the regeneration rate is shown in Figure 11b . It can be verified how, when changing surface, the system adapts the rate in order to obtain the maximum possible regeneration on each surface. Finally, the slip and velocity evolution throughout the test is shown in Figure 12 . The slip tends to reach the optimum slip, adapting its value after the change of surface. The output of the fuzzy block that provides the regeneration rate is shown in Figure 11b . It can be verified how, when changing surface, the system adapts the rate in order to obtain the maximum possible regeneration on each surface.
Finally, the slip and velocity evolution throughout the test is shown in Figure 12 . The slip tends to reach the optimum slip, adapting its value after the change of surface. 
High to Low Adhesion Transition Simulation
Secondly, a transition between a high adhesion surface and a low adhesion surface has been simulated. The test consists of the following sections: 40 m of high adhesion surface, 40 m of low adhesion surface and a third section with high adhesion again. The initial speed is 120 km/h. Figure  13a shows the type of surface and the optimal slip. As in the previous case, the estimation algorithms quickly detect surface changes. Figure 13b shows the output of the fuzzy block which provides the regeneration rate. It is observed that the rate of regeneration is maintained at the maximum in the high adhesion surface. This is due to the fact that, even with that regeneration percentage, a slip in the rear axle close to the optimum slip is not achieved. Once the low adhesion surface has been reached, the regeneration rate decreases in order to adjust the slip to the new adhesion conditions (Figure 14 ).
Slip
Speed (km/h) Figure 12 . Optimum slip, real slip and speed.
High to Low Adhesion Transition Simulation
Secondly, a transition between a high adhesion surface and a low adhesion surface has been simulated. The test consists of the following sections: 40 m of high adhesion surface, 40 m of low adhesion surface and a third section with high adhesion again. The initial speed is 120 km/h. Figure 13a shows the type of surface and the optimal slip. As in the previous case, the estimation algorithms quickly detect surface changes. 
Secondly, a transition between a high adhesion surface and a low adhesion surface has been simulated. The test consists of the following sections: 40 m of high adhesion surface, 40 m of low adhesion surface and a third section with high adhesion again. The initial speed is 120 km/h. Figure  13a shows the type of surface and the optimal slip. As in the previous case, the estimation algorithms quickly detect surface changes.
(a) (b) Figure 13 . Estimation of road type and optimum slip (a) and regeneration rate (b). Figure 13b shows the output of the fuzzy block which provides the regeneration rate. It is observed that the rate of regeneration is maintained at the maximum in the high adhesion surface. This is due to the fact that, even with that regeneration percentage, a slip in the rear axle close to the optimum slip is not achieved. Once the low adhesion surface has been reached, the regeneration rate decreases in order to adjust the slip to the new adhesion conditions (Figure 14) .
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Speed (km/h) Figure 13 . Estimation of road type and optimum slip (a) and regeneration rate (b). Figure 13b shows the output of the fuzzy block which provides the regeneration rate. It is observed that the rate of regeneration is maintained at the maximum in the high adhesion surface. This is due to the fact that, even with that regeneration percentage, a slip in the rear axle close to the optimum slip is not achieved. Once the low adhesion surface has been reached, the regeneration rate decreases in order to adjust the slip to the new adhesion conditions (Figure 14) . Figure 13b shows the output of the fuzzy block which provides the regeneration rate. It is observed that the rate of regeneration is maintained at the maximum in the high adhesion surface. This is due to the fact that, even with that regeneration percentage, a slip in the rear axle close to the optimum slip is not achieved. Once the low adhesion surface has been reached, the regeneration rate decreases in order to adjust the slip to the new adhesion conditions (Figure 14 ).
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Controls Comparison
Simulations have been carried out to verify that the new control manages to optimize regenerated energy. For this purpose, tests in which the vehicle starts at a speed of 80 km/h have been carried out. The test lasts five seconds. At the end of that time, the velocity achieved and the energy recovered are determined ( Table 4 ). The constant regeneration rate has been set at 10%.
It is observed how the proposed control recovers more energy in all cases. This difference becomes more evident the greater the adhesion of the surface is. With low adhesion the difference is less because the optimal rate is very close to the 10% established as a constant. In addition, the proposed control does not lead to the blocking of the wheels under any circumstances. 
Regenerative vs. Conventional Brake Comparison
Finally, emergency braking processes have been simulated. The following simulations allow evaluating the viability of substituting the conventional rear friction brake with the regenerative brake. The first test consists of the following sections: 40 m of high adhesion surface and 40 m of low adhesion surface. The initial speed is 120 km/h. The test is similar to the previous cases except that, in this case, the front brake is also being actuated. The pressure in the front axle is controlled by an anti-lock system with slip and wheel angular speed control. The proposed system detects the change in the adhesion conditions (Figure 15a ), adapting the regeneration rate to the adhesion conditions of each road (Figure 15b ). The regeneration rate is kept at its maximum value on the high adhesion surface. In this zone, the slip on the rear wheels approaches the optimal slip slowly. Once in the low adhesion surface, the regeneration rate is changed to adapt the slip to the optimal one provided by the estimation algorithm ( Figure 16 ).
in this case, the front brake is also being actuated. The pressure in the front axle is controlled by an anti-lock system with slip and wheel angular speed control. The proposed system detects the change in the adhesion conditions (Figure 15a) , adapting the regeneration rate to the adhesion conditions of each road (Figure 15b) . The regeneration rate is kept at its maximum value on the high adhesion surface. In this zone, the slip on the rear wheels approaches the optimal slip slowly. Once in the low adhesion surface, the regeneration rate is changed to adapt the slip to the optimal one provided by the estimation algorithm (Figure 16 ). Two additional simulations have been conducted. The initial and final speeds are 80 and 20 km/h respectively in both cases. In the first case, an emergency braking is conducted on a high adhesion surface. The rear brake torque is generated with a conventional antilock system (ABS) and with the regenerative brake system (REG). Results are shown in Figure 17a . It can be seen that the brake distance is lower when the vehicle is equipped with the conventional ABS system. This is due to the fact that the regeneration rate is limited to 50%. With this maximum rate, the regenerative brake torque cannot brake as efficiently as the conventional system does. Similarly, a second test is has been simulated on a low adhesion surface (see Figure 17b) . In this condition, the regenerative brake can produce enough brake torque to cause the rear wheel to reach the optimal slip. Under these circumstances, the regenerative brake decelerates the vehicle faster than the conventional ABS systems thanks to a better control of the rear wheel slip. Finally, Table 5 summarizes the results obtained in the previous tests. The last column also includes the results of tests in which the maximum regeneration rate has been increased to 80%. The regenerative control performs better on the low adhesion surface due to a better and more stable control of the rear wheel slip. On the contrary, the regenerative control in which the regeneration rate is limited to 50% cannot substitute the conventional brake on high adhesion roads since the brake distance and deceleration are worse. However, if the maximum regeneration rate is increased, the regenerative brake can generate a higher rear brake torque, which makes it perform better than the conventional brake. Two additional simulations have been conducted. The initial and final speeds are 80 and 20 km/h respectively in both cases. In the first case, an emergency braking is conducted on a high adhesion surface. The rear brake torque is generated with a conventional ABS and with the regenerative brake system (REG). Results are shown in Figure 17a . It can be seen that the brake distance is lower when the vehicle is equipped with the conventional ABS system. This is due to the fact that the regeneration rate is limited to 50%. With this maximum rate, the regenerative brake torque cannot brake as efficiently as the conventional system does. Similarly, a second test is has been simulated on a low adhesion surface (see Figure 17b) . In this condition, the regenerative brake can produce enough brake torque to cause the rear wheel to reach the optimal slip. Under these circumstances, the regenerative brake decelerates the vehicle faster than the conventional ABS systems thanks to a better control of the rear wheel slip. Two additional simulations have been conducted. The initial and final speeds are 80 and 20 km/h respectively in both cases. In the first case, an emergency braking is conducted on a high adhesion surface. The rear brake torque is generated with a conventional antilock system (ABS) and with the regenerative brake system (REG). Results are shown in Figure 17a . It can be seen that the brake distance is lower when the vehicle is equipped with the conventional ABS system. This is due to the fact that the regeneration rate is limited to 50%. With this maximum rate, the regenerative brake torque cannot brake as efficiently as the conventional system does. Similarly, a second test is has been simulated on a low adhesion surface (see Figure 17b) . In this condition, the regenerative brake can produce enough brake torque to cause the rear wheel to reach the optimal slip. Under these circumstances, the regenerative brake decelerates the vehicle faster than the conventional ABS systems thanks to a better control of the rear wheel slip. Finally, Table 5 summarizes the results obtained in the previous tests. The last column also includes the results of tests in which the maximum regeneration rate has been increased to 80%. The regenerative control performs better on the low adhesion surface due to a better and more stable control of the rear wheel slip. On the contrary, the regenerative control in which the regeneration rate is limited to 50% cannot substitute the conventional brake on high adhesion roads since the brake distance and deceleration are worse. However, if the maximum regeneration rate is increased, the regenerative brake can generate a higher rear brake torque, which makes it perform better than the Finally, Table 5 summarizes the results obtained in the previous tests. The last column also includes the results of tests in which the maximum regeneration rate has been increased to 80%. The regenerative control performs better on the low adhesion surface due to a better and more stable control of the rear wheel slip. On the contrary, the regenerative control in which the regeneration rate is limited to 50% cannot substitute the conventional brake on high adhesion roads since the brake distance and deceleration are worse. However, if the maximum regeneration rate is increased, the regenerative brake can generate a higher rear brake torque, which makes it perform better than the conventional brake.
These simulations show that the proposed system can be installed in a real vehicle to cooperate with or in substitution of the conventional friction brake. The system could control the slip no matter which surface the vehicle is moving on if the maximum regeneration rate were increased. However, batteries with a higher admissible charge current or ultracapacitors are necessary if the maximum regeneration rate is increased [14, 16] . 
Conclusions
Algorithms for the estimation of parameters and the control necessary to optimize the regeneration in two-wheeled vehicles have been developed in this paper. The parameter estimation is necessary to be able to determine the speed of the vehicle and the road adhesion conditions. The control algorithm allows one, once the previous data is known, to optimize the rate of regeneration in the rear wheel of a motorcycle. Generally, regeneration in two-wheeled vehicles is usually limited to a minimum value, around 5-10% of motor power. This pursues two objectives: on one hand, to limit the charge current in the battery to protect it. Secondly, the possibility of locking the rear wheel in any adhesion condition is reduced. If this occurs, ABS control is required.
With the proposal developed in this work, the rate of regeneration on any surface is optimized, blocking the wheel is prevented by always working in the vicinity of the optimal slip. Protection of the battery is achieved by limiting the intensity in those cases in which the regeneration could exceed a value of risk for its integrity. Simulations show that the system optimizes the regeneration rate on every surface and that the energy recovered surpasses the one obtained with constant regeneration rates.
Finally, despite the fact that this paper is mainly focused on recovering the maximum energy with the regenerative brake, we have shown that the regenerative brake could substitute the rear friction brake provided higher regeneration rates can be achieved. High regeneration rates require batteries with a higher admissible charge current or ultracapacitors on vehicles. However, there is still a great deal of research to be carried out. Experimental tests have to be carried out to verify the aptitude of this proposal, especially in high adherence conditions. The work reported here is exploratory. Future works will include tests on different surfaces, with different maneuvers and with higher regeneration rates.
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Appendix A. Experimental Vehicle
The motorcycle used in the tests is shown below. The table includes the main characteristics of the vehicle.
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